/to = * has, for each fixed x, no more than p distinct roots and if, for some value x=xo, (1) has exactly p distinct roots. Denote by VD(1) the subset of A (D) consisting of the schlicht functions (i.e., the functions of valence 1) of the form
Recently, A. W. Goodman showed that the sum or product of two functions in Vd(1) may have valence oo [2] . In this paper, we are concerned with the behavior of Vd(1) under a different composition, the familiar Hadamard product (CO CO \ 00
Z flnZ", Z OnZ") -* Z a-nbnZ", <Il = bX = 1.
Our principal result is that the Hadamard product of two functions in Vd(1) may have valence oo ; moreover, the functions involved may be taken to satisfy certain fairly strong "regularity" requirements (details are in §2). In §3, we state some complementary results due to Robertson. Finally, in §4 we mention a related, apparently more difficult, problem.
2. The main example. Let e>0 be given. We shall construct a function (4) h(z) = z + Z cnz" It is easy to see that we can choose g(z) to be starlike at least of order a = (2/3) -n, where n > 0 can be made arbitrarily small. Indeed, by a result in [5] , it is enough to show (22) Z (» -<*) -g 1 -a.
n=i n Choose h(z) =z+ Zn-2 cnzn as above with | c2| >\+e/2 and ZiT-2| cn\ <5+t, where 10 e/(9 -3e) <t/. An easy computation then shows that (22) holds.
We can collect the results of this section into Theorem 1. Letn>0. There exist functions f, gE Pz>(l), starlike and typically real, such thatf*g has infinite valence in D. g may be taken to have an absolutely convergent Taylor series and to be starlike at least of order (2/3) -v.
3. Further results. Some positive results due to Robertson [6] , [7] lend perspective to the example in §2. We state them without proof. Theorem 2. Letf, gE Fd(1) be typically real and convex in the direction of the imaginary axis. Then f*gEVD(l), and f*g is typically real and convex in the direction of the imaginary axis. Robertson [6] showed that if / and g (E VD(1)) are typically real then so is f®g. On the other hand, Fd(1) is not closed under ®; proofs of this fact are in [l] , [3] , and [4] . If/, gEVD(l), canf®g have infinite valence in D?
